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Abstract: Thermal expansion data for more than 5500 compositions of silicate glasses were
analyzed statistically. These data were gathered from the scientific literature, summarized in
SciGlass® 6.5. The analysis resulted in a data reduction from 5500 glasses to a core of 900,
where the majority of the published values is located within commercial glass composition
ranges and obtained over the temperature range 20 to 500oC. A multiple regression model for
the linear thermal expansivity at 210oC, including error formula and detailed application
limits, was developed based on those 900 core data from over 100 publications. The accuracy
of the model predictions is improved about twice compared to previous work because
systematic errors from certain laboratories were investigated and corrected. The standard
model error was 0.37 ppm/K, with R2 = 0.985. The 95% confidence interval of predictions for
glass in mass production largely depends on the glass composition of interest and the
composition uncertainty. The model is valid for commercial silicate glasses containing Na2O,
CaO, Al2O3, K2O, MgO, B2O3, Li2O, BaO, ZrO2, TiO2, ZnO, PbO, SrO, Fe2O3, CeO2, fining
agents, and coloring and de-coloring components. In addition, a special model for ultra-low
expansion glasses in the system SiO2-TiO2 is presented.

1. Introduction
The thermal expansion of glasses below the glass transition range is important for glass-tometal bonding in the lighting industry, it plays a vital role for optimizing the time-temperature
cooling schedule of glassware, and it enables the development of glass sealing materials as
well as the design of specialty glass products that are exposed to varying temperatures.
Numerous thermal expansion models exist in the scientific literature [1-15], summarized in
a monograph by Scholze [16] and the SciGlass® database [17], which enable the calculation of
the thermal expansion of glass below the transition range from the chemical composition.
However, the accuracy of the predictions is not yet satisfactory, mainly because of the limited
number of model source data employed. For example, the standard deviation, σ, of the model
residuals may be listed with the residuals being the differences between experimentally
observed and calculated data. The σ values in ppm/K after deletion of outliers given by Priven
and Mazurin [18] are 0.59 (Appen [2]), 0.67 (Gan Fu-Si [3]), 0.89 (Novopashin and Seregin
[5]), 0.60 (Shchavelev [6]), 0.62 (Takahashi [7]). The contemporary structural-chemical model
by Priven has a standard deviation of the model residuals of 0.86 ppm/K [1]. Selected models
are listed in Table I.
It is the objective of this work to substantially increase the model accuracy through
statistical analysis of the SciGlass® database.
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Table I: Thermal expansion models by various authors (For calculation all weight fractions
are multiplied by the coefficients below, and the products are summed to obtain α in ppm/K.)
Coefficients based on weight fraction of oxide (Appen based on mol fraction)
Oxide Winkelmann
Appen [2]
Lederova et al.
English and
Hall [11]
and Schott [9]
[15]
Turner [10]
SiO2
2.67
0.5…3.8a
0b
0.50
0.5…4.5c
d
B2O3
0.33
-5.0…0.0
/
-6.53
2.0
P2O5
6.67
14.0
/
/
/
Al2O3
16.67
-3.0
1.685
1.40
5.0
Li2O
6.67
27
/
/
/
Na2O
33.33
39.5 (41)e
32.172
41.60
38.0
K2O
28.33
46.5 (49)e
38.068
39.00
30.0
MgO
0.33
6.0
3.059
4.50
2.0
CaO
16.67
13
11.680
16.30
15.0
SrO
/
16
/
/
/
BaO
10.00
20
5.375
14.00
12.0
f
Fe2O3
13.33
5.5
/
/
/
ZnO
6.00
5.0
/
7.00
10.0
PbO
13.00
13…19g
/
10.60
7.5
TiO2
13.67
-1.5…3.0h
/
/
/
As2O3
6.67
/
/
/
/
ZrO2
/
-6.0
/
/
/
Sb2O5
12.00
7.5
/
/
/
SnO2
6.67
-4.5
/
/
/
Cr2O3
17.00
/
/
/
/
f
MnO
7.33
10.5
/
/
/
NiO
/
5.0
/
/
/
CoO
14.67
5.0
/
/
/
o
Applicable temperature range in C
/
20-100
20-400
20-300
25-90
25-Tg
a
b
c
d

e
f
g
h

Coefficient for SiO2 = 10.5 – 0.1·[SiO2] for [SiO2] ≥ 67 mol%; otherwise 3.8 (expressions in brackets represent
mol%)
SiO2 is excluded from the calculation in the model by Lederova et al. Instead, a constant of 2.976 ppm/K is
added.
Coefficient for SiO2 derived from figure = 4.4071 + 0.04381·[SiO2] – 0.0008333·[SiO2]2; [SiO2] ≥ 40 wt%
For glasses containing B2O3 the proportion F must be formed first, whereby the expressions in brackets
represent mol%:
F = {([Na2O]+[K2O]+[BaO])+0.7([CaO]+[SrO]+[CdO]+[PbO])+0.3([Li2O]+[MgO]+[ZnO])–[Al2O3]}/[B2O3]
One then obtains: Coefficient for B2O3 = –1.25F for F ≤ 4; otherwise –5.0.
Values in parentheses are valid for binary glasses SiO2-R2O. The coefficient for K2O of 46.5 applies only to
those glasses that contain more than 1 mol% Na2O; otherwise, it is 42.0.
The coefficients for Fe2O3 and MnO are valid for the normally occurring oxidation states.
Coefficient for PbO = 13.0 for glasses with Σ[R2O] < 3 mol%, otherwise coefficient for PbO = 11.5
+ 0.5·Σ[R2O]
Coefficient for TiO2 = 10.5 – 0.15·[SiO2] for 80 ≥ [SiO2] ≥ 50

Accurate model predictions are only possible based on accurate experimental data. In the
following paragraphs, basic measurement principles will be described with the intention to
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increase experimental accuracy. The thermal expansion is ascribed to the asymmetry of the
amplitude of thermal vibrations in the glass [19]. In turn, the asymmetric vibrations can be
related to (a) the chemical bonding and composition, and (b) the temperature and fictive
temperature (thermal history). The presence of more loosely bonded chemical units [20], an
increased temperature [21, 22], and a fast cooling rate [21, 23] increase the thermal expansion.
On the other hand, a more coherent network, a decreased temperature, and annealing lead to
low-expansion glasses.
Most investigators publish thermal expansion values in connection with the chemical
composition of the investigated glasses and the temperature range for the expansion
measurement. Generally, the thermal history is assumed to have an insignificant influence as
long as well annealed samples are used. However, J. P. Joule was the first to report volume
changes of glass caused by expansion effects over 45 years, later connected to the "zero point
depression" in precision thermometers [24, 25]. This effect is related to long-term
arrangements of mobile alkali ions in glasses that are not sufficiently annealed, and it decreases the thermal expansion. O. Schott found up to 5% expansion differences between fine
annealed and chilled bulk glass [26]. Hence, in this work, only annealed glasses were
considered, and the thermal history was neglected.
In addition, it needs to be mentioned that glasses in specific composition ranges tend to
phase-separation [27] and crystallization [28]. Because those effects can result in sudden
composition-expansivity changes, only homogeneous glasses were included in this study. The
findings of Stozharov and Bogatyreva [29] about expansion "jumps" in glasses were regarded
as incorrect for homogeneous and well annealed glasses or categorized as a crystallization
effect.
In this study, the following nomenclature will be used:
Coefficient of linear thermal expansion, CTE =
Expansivity, α =

dL
L o ⋅ dT

∆L
L o ⋅ ∆T

(1)
(2)

where Lo is the initial length of the sample at room temperature, ∆L is the change of the length
of the sample caused by the temperature change ∆T (for expansion, ∆L = positive), and dL is
the infinitesimal change of the length of the sample resulting from the infinitesimal
temperature change dT (dL = ∆L for ∆T → 0).
The coefficient of linear thermal expansion (CTE) is the average slope of the ∆L/Lo = f(T)
curve within the interval ∆T, whereby α is the first derivative of the ∆L/Lo = f(T) curve over
T; i.e., CTE = α for ∆T → 0 [30]. In general, α increases with increasing temperature*, which
means that the CTE increases with increasing ∆T and/or if ∆T is calculated at higher
temperatures [30, 31]. Most glass expansion data in the literature are stated as the CTE, for T
= 20-300oC or 100-300oC, as given in the source data references summarized in SciGlass®
[17] and listed in Reference [32] and partially in Table V. As estimate, it can be assumed that
CTE(20-300oC) = α(160oC) and CTE(100-300oC) = α(200oC).
The units of the CTE and expansivity are ppm/K = 10-6 K-1 = 10-6 / oC = 10 × 10-7 K-1.

*

For very few glasses the expansivity decreases with increasing temperature, such as for pure silica glass [17].
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Thermal expansion measurements on glass are usually performed in push-rod dilatometers
(single push rod, or differential double push rod) [33, 34]. High precision experiments require
the interferometric method [35-37].
It needs to be emphasized that it is certainly not possible to obtain high-quality expansion
data during the first run from a push-rod dilatometer. Even though the first cooling curve
shows somewhat better reproducibility than the first heating curve, often the error is still
several micrometers in the first run caused by irregular settlement of the sample and push rods,
stress relaxation, change of the morphology, and the dependence of the cooling rate below
300oC from an un-controlled room temperature and air ventilation. Therefore, it is advisable to
heat and cool the sample several times below the transition range without touching the
dilatometer or the sample [38]. In most cases, from the second or third cycle onwards, the
heating curves above 100oC become reproducible with maximal resolution. Unfortunately,
these caveats were neglected in many studies reported in the scientific literature, which makes
some thermal expansion values less reliable and leads to increased apparent error in predicted
values.
An additional data reliability problem is depicted in the Fig. 1 and Fig. 2. Fig. 1 shows an
example ∆L/Lo expansion plot for an alkaline-free sealing glass composition, measured by the
author using a differential (double push-rod) dilatometer. Traditionally, the dilatometric
transition temperature Tg(dil) is determined from the ∆L/Lo curve as the point of intersection
of the tangents below and above the slope change [38]; in Fig. 1 it is about 656oC. Fig. 2
displays the first derivative of the ∆L/Lo curve from Fig. 1, calculated from a polynomial fit of
the 6th degree to the ∆L/Lo curve between 100 and 620oC and defined as the expansivity in
Equation (2). A graphical differentiation of the curve in Fig. 1 leads to the same result.
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Fig. 1: Example ∆L/Lo curve (error of repeated successive runs: 9 ppm)
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Fig. 2: Expansivity curve, example from Fig. 1 (error of repeated successive runs:
0.06 ppm/K)
Based on Fig. 2, it becomes obvious that the ∆L/Lo curve in Fig. 1 is not linear at any point,
which causes CTE calculations to depend on the temperature range. In addition, the smooth
slope change in Fig. 1 makes clear that Tg(dil) determinations by the tangent method do not
result in an exact temperature, but in an approximation of the glass transition range. Also, it
should be noted that the linear expansivity increases significantly even 150oC below the
Tg(dil) of about 656oC. Therefore, CTE data valid up to Tg(dil) might be too high when these
results are compared with the results from further authors. Other glasses show a similar
expansion behavior, e.g., the borosilicate glass expansion standard reference material (SRM)
731 [31].

2. Statistical data analysis procedure
The basic principles of statistical data analysis for glasses were summarized and
demonstrated previously by the author [39-41]. About 5500 thermal expansion data for silicate
glasses from the SciGlass® 6.5 database [17] were employed. The 5500 data were reduced to
about 900 when values beyond 160 to 260oC ± 25oC and glasses outside commercial
composition areas were eliminated. All references are summarized in detail in SciGlass® and
on the authors website [32], while the important ones are also listed in Tables IV and V in the
results section below. The concentrations were taken as given in mol%, or they were
converted to mol% from the original numbers in wt%, wt-fraction, or mol-fraction. If
available, the chemically analyzed glass compositions were used (e.g., [42]), but in most
cases, the batched compositions were considered as given by the investigators. The CTE
values were approximated to the corresponding α in intervals of 50oC [18] (160oC, 210oC,
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260oC) with Equation (3), assuming that α can be considered as roughly constant within a
temperature interval of 50oC well below the glass transition range.
CTE(∆T) = α(T, average)
Example: CTE(20-300oC) = α(160oC).

(3)

A slack-variable model with variable intercept was used, including multiplicative interactions and excluding silica (Equation (4)) [39, 41]. The independent variables were the
concentrations in mol% (single-component variables Cj) and the multiplicative interactions
(interaction variables Cj · Ck); the dependent variable was α in ppm/K at 210oC.
n 
n

α(210 o C) = β o + ∑  β jC j + β j2 C 2j + ∑ β jk C jC k 


j =1 
k = j +1


(4)

The β-values in the model represented by Equation (4) are the coefficients, with βo being
the intercept, βj being the single-component coefficients and the coefficients of squared
influences, and βjk being the two-component interaction coefficients [39, 41]. The variable n in
Equation (4) is the total number of glass components (excluding silica); j and k are individual
numbers of the glass components, and the C values are the concentrations in mol%.
Expansivity data at 160oC and 260oC were included in the source database, considering a
categorical offset [39, 41], compared to expansivity values at 210oC.
Linear correlations [39, 41] between variables were evaluated, and strongly correlated
terms were excluded from further calculations. Reference [32] provides the correlation
matrices of the significant variables. In the source database, all series published by specific
laboratories were assigned categorical offset variables. The fitting method was ordinary leastsquare, and variable significance was determined through t-tests via mixed forward selection /
backward elimination [39, 41]. Outlying datapoints were detected through standardized and
externally studentized residuals [39, 41], and they were successively excluded from the
calculations. Reference [32] lists the final information matrix [39, 41].
Goodness-of-fit indicators R2, R2(adjusted), and R2(predicted) were used, as well as the
model standard error (Table III) and a comparison of the model standard error with the
experimental error [39, 41]. In addition, a model validation procedure through data-splitting
was performed. For this end, all expansivity values in the source database were sorted
according to their value, and every fifth data-point was selected to form a validation database
comprising 20% of all data. The remaining 80% of the data were used to establish a validation
model for prediction expansivities of the 20% of the data not in the model. The residuals of the
predicted 20% of the data resulted in R2(validation) [39, 41].
The author's software [32] lists all model application limits. Predictions are possible
through the coefficients in Table II using Equation (4), considering all application limits, or
through corresponding software [32]. A property-calculation example is explained below. The
standard confidence intervals of the mean model prediction and the confidence interval for
glass in mass production can be derived through the mentioned software [32] following
procedures given by Fluegel in a tutorial [41]. The influence of the glass composition
uncertainty on the prediction confidence interval may be quantified [32, 41].
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In this work, in addition to establishing a global glass expansivity model at 210oC based on
about 900 experimental data from the literature, a local additivity model [39, 41] was
developed for ultra-low expansion glasses.

3. Statistical data analysis results
Table II lists all significant coefficients and corresponding t-values of the global glass
expansivity model at 210oC, while the coefficients are not mentioned that have an insignificant
influence on the CTE as evaluated via t-test mentioned above. More than significant numbers
are given in Table II to mitigate the error propagation during model application. A coefficient
divided by its t-value equals the coefficient standard error. In Table III, goodness-of-fit and
other related indicators [41] are displayed, and Table IV shows the data-series where the
model resulted in systematic offsets as well as offsets of expansivity values reported at 160oC
and 260oC. Reference [32] lists the application limits of the calculation in this study. Table V
provides the properties of a large data series with 15 or more datapoints.
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Table II: Coefficients and t-values of global thermal expansivity model at 210oC
Variable
Coefficient t-value
Intercept
1.7672
/
Na2O
0.4545
55.07
2
(Na2O)
-0.001198
-5.62
CaO
0.1682
30.65
Al2O3
-0.0641
-3.30
2
(Al2O3)
0.006473
2.81
K2 O
0.5320
47.81
2
(K2O)
-0.001710
-3.37
MgO
0.0499
6.85
B2O3
0.0465
5.21
Li2O
0.1896
15.32
2
(Li2O)
0.003242
7.10
SrO
0.1717
21.63
BaO
0.3077
24.37
ZrO2
-0.0591
-5.23
TiO2
-0.0138
-3.88
ZnO
0.0102
1.96
PbO
0.1345
32.76
F
0.1305
3.93
Na2O*CaO
-0.002579
-5.88
Na2O*B2O3
-0.005640
-9.91
Na2O*Li2O
0.018869
4.65
CaO*MgO
0.002627
4.29
CaO*B2O3
-0.002682
-3.97
CaO*BaO
-0.011958
-5.02
K2O*B2O3
-0.012682
-5.97
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Table III: Further statistical indicators of global expansivity model
Model standard error
0.3681
Standard deviation of residuals
0.3609
2
R
0.9854
R2(adjusted)
0.9848
2
R (predicted)
0.9840
2
R (validation)*
0.9850
Number of data total in model
905
o
402
Number of data, α(160 C)
o
298
Number of data, α(210 C)
o
205
Number of data, α(260 C)
Degree of freedom
869
Observed CTE minimum
1.4700
Observed CTE average
8.3535
Observed CTE maximum
16.7000
Observed CTE standard deviation
2.9906
* A model was developed based on 80% of all data. This
model was used to predict the remaining 20% of the data
that resulted in R2(validation) reported above.

Table IV: Systematic offsets of global expansivity model
Variable
Coefficient t-value
Shelby et al., 1976, 2000; Wright
-0.477
-5.40
and Shelby, 2000 [43]
-0.649
-7.15
Karkhanavala et al., 1952 [44]
0.714
5.08
Bezborodov et al., 1957, 1959 [45]
0.434
4.80
Bonetti et al., 1971, 1975 [46]
0.881
6.62
Hurt et al., 1967, 1970 [47]
0.486
4.42
LaCourse et al, 1978 [48]
Deeg, 1958 [49]
-0.549
-5.44
Nakashima et al., 1999, 2001;
-0.233
-3.46
Maeda et al., 1999, 2001 [50]
-0.503
-12.15
α(160oC)
o
0.419
8.79
α(260 C)
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Table V: Properties of data-series with 15 or more data-points, global expansivity model
(∆ - residual, σ - standard deviation, avg. - average)
Original T
∆ avg. σ of reα
# of
Data source
specification category in siduals in
Glass type / system
data
o
o
in C
in C ppm/K ppm/K
Shelby, 2005 [42] 25
100-400
260
0.141 0.335 Soda-lime, container
Shelby, 2005 [42] 23
100-400
260
0.153 0.344 Soda-lime, float
Shelby, 2005 [42] 24
100-400
260
0.386 0.386 Low expansion borosilicate
Shelby, 2005 [42] 18
100-400
260 -0.201 0.438 Fiber wool
Shelby, 2005 [42] 21
100-400
260
0.212 0.383 TV panel
Shelby, 2005 [42] 24
100-400
260 -0.139 0.410 Textile fiber E-glass
Shelby et al.,
1976, 2000;
200-300,
26
260
/
0.436 Alkali silicates
Wright and
100-400
Shelby, 2000 [43]
Baak et al., 1977
SiO2, Al2O3, Na2O, K2O,
38
0-300
160 -0.136 0.159
[51]
MgO, CaO, SrO, BaO, ZrO2
Corning Glass,
SiO2, B2O3, Al2O3, Na2O,
1969, 1974, 1978 19
0-300
160
0.039 0.234
K2O, MgO, CaO, SrO, BaO
[52]
SiO2, B2O3, Al2O3, Li2O,
Boyd et al., 1974,
37
0-300
160 -0.103 0.363 Na2O, K2O, MgO, CaO,
1980 [53]
SrO, BaO, ZrO2, TiO2, PbO
Turner et al.,
1930, 1932;
15
130-250
210 -0.171 0.409 SiO2, Na2O, Al2O3, BaO
English et al.,
1927 [54]
Schmid et al.,
29
25-400
210
0.174 0.258 SiO2, Na2O, CaO
1934 [55]
Akimov et al.,
1960, 1989, 1991 53
20-300
160
0.023 0.257 SiO2, B2O3, Na2O
[56]
Peters et al.,
SiO2, B2O3, Na2O, K2O,
15
22-470
260 -0.046 0.409
1920 [57]
MgO, CaO, BaO, ZnO, PbO
Mironova, 1959
30
20-400
260
0.023 0.313 SiO2, Na2O, TiO2
[58]
Karkhanavala et
SiO2, Na2O, K2O, MgO,
20
100-300
210
/
0.514
al., 1952 [44]
CaO, SrO, BaO, PbO, ZnO
Bonetti et al.,
SiO2, B2O3, Na2O, K2O,
20
0-300
160
/
0.387
1971, 1975 [46]
MgO, CaO, BaO
Dzhavuktsyan et
30
100-300
210
0.135 0.391 SiO2, Na2O, K2O, ZnO
al., 1971 [59]
Vargin et al.,
20-300,
160,
1964, 1968,
18
0.093 0.400 SiO2, Li2O, Al2O3, ZrO2
20-420
210
1971, 1972 [60]
Tille et al., 1978
17
20-500
260 -0.034 0.311 SiO2, Na2O, CaO
[61]
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Data source
Ambartsumyan,
1980 [62]
Tunker et al.,
1982 [63]

Original T
∆ avg. σ of reα
# of
specification category in siduals in
data
in oC
in oC ppm/K ppm/K

Glass type / system
SiO2, Al2O3, Li2O, Na2O,
K2 O
SiO2, B2O3, Al2O3, Na2O,
MgO, CaO, BaO, ZnO
SiO2, Na2O, K2O, CaO,
TiO2, PbO

25

20-300

160

-0.094

0.327

19

20-300

160

-0.006

0.135

15

20-300

160

/

0.340

Nakashima et al.,
1999, 2001;
61
Maeda et al.,
1999, 2001 [50]

50-350

210

/

0.281

SiO2, B2O3, Al2O3, Na2O,
K2O, MgO, CaO, BaO, ZrO2

0.199

SiO2, B2O3, Al2O3, Li2O,
Na2O, K2O, MgO, CaO,
SrO, BaO, ZrO2

Deeg, 1958 [49]

Machishita et a.,
1999 [64]

21

20-300

160

0.045

A model for ultra-low expansion glasses is given in Table VI, derived from all 29 available
source data in SciGlass® for the System SiO2-TiO2 with 1.80-11.82 mol% TiO2 [53, 65-69].

Table VI: Local model for ultra-low expansion glasses
Variable
Coefficient t-value
Intercept
0.4088
/
TiO2
-0.0815
-8.68
Model standard error
0.1088
2
R
0.7436
For the purpose of error comparison with the values in Table III, small traditional additivity
models were developed for various commercial glasses based on data by Shelby [42]. The
standard model errors in ppm/K were 0.3307 for 48 soda-lime container and float glasses,
0.2862 for 23 low-expansion borosilicate glasses, 0.4891 for 25 fiber wool glasses, 0.7483 for
25 TV panel glasses, and 0.3041 for 25 textile fiber E-glasses.
For demonstrating model application the thermal expansivity at 210oC of a traditional TV
panel glass will be estimated, examined by Shelby [42]. The chemical composition of the TV
panel glass in mol% is 71.93 SiO2, 8.66 Na2O, 0.06 CaO, 1.42 Al2O3, 5.63 K2O, 0.02 Li2O,
6.23 SrO, 4.23 BaO, 0.79 ZrO2, 0.38 TiO2, 0.44 ZnO, 0.11 CeO2, 0.07 Sb2O3, 0.02 Fe2O3,
which is within the model application limits in Reference [32]. The thermal expansivity in
ppm/K at 210oC can be calculated by multiplying the concentrations in mol% with the
corresponding coefficients in Table II, and adding the obtained products, including the model
intercept:
α(210oC) = 1.7672 + 8.66 × 0.4545 – (8.66)2 × 0.001198 + 0.06 × 0.1682 – 1.42 × 0.0641
+ (1.42)2 × 0.006473 + 5.63 × 0.5320 – (5.63)2 × 0.001710 + 0.02 × 0.1896
+ (0.02)2 × 0.003242 + 6.23 × 0.1717 + 4.23 × 0.3077 – 0.79 × 0.0591 – 0.38 × 0.0138
+ 0.44 × 0.0102 – 8.66 × 0.06 × 0.002579 + 8.66 × 0.02 × 0.018869 – 0.06 × 4.23 × 0.011958
= 10.81 ppm/K = 108.1 × 10–7 oC–1 = 108.1 × 10–7 K–1
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The average thermal expansion coefficient measured by Shelby [42] for 100-400oC is
11.20 ppm/K; i.e., the residual is 0.39 ppm/K. At this point it needs to be considered that
Shelby performed his measurement for 100-400oC with the average at 250oC. Therefore, in the
present work Shelby's data were categorized as the expansivity at 260±25oC. In table IV it can
be seen that expansivity data at 260oC are on average 0.419 ppm/K higher than at 210oC.
Consequently the model prediction at 210oC matches the experimental result very well for this
TV panel glass. The 95% confidence interval for glass in mass production is 0.49 ppm/K [32,
41], which may be higher or lower for other glasses depending on how close it is to the
average source data composition of the model.

4. Discussion
4.1. Modeling approach
The multiple regression slack-variable modeling technique with polynomial functions
appeared to describe the expansivity data well for all silicate glasses studied. It was not
observed that all glasses within a specific composition area were outlier suspects; i.e., sharp
composition-property trends as seen in Fig. 3 did not seem to exist that could not be described
through polynomial functions. In addition, phase-separation and crystallization effects did not
occur, or, if present to a minor extent, did not influence the thermal expansivity. It is possible,
however, that future experimental findings about sharp composition-property trends within the
model application limits [32] may require modifications of the model Equation (4).
4.2. Model accuracy
This study enables predictions of the expansivity of silicate glasses at 210oC with a
standard error of 0.37 ppm/K of the global model, based on over 100 references [17, 32]. The
degree of freedom [39-41] (869, Table III) is very close to the total number of the analyzed
data (905), and the model does not contain data-points with high influence [39-41] as
demonstrated by R2(predicted) and R2(validation) in Table III.
The similarity between R2 and R2(adjusted) in Table III shows that the model is not overfitted with too many variables. The experimental error considering 14 investigators was
estimated to be about 0.38 ppm/K, based on a simple model for 52 among the source data in
the binary system SiO2-Na2O. The standard error of the global model of 0.37 ppm/K is
sufficiently close to the experimental error, which is an indicator that the model is not over- or
under-fitted. The model appears to produce the same accuracy as experimental measurements.
Table V compares hundreds of experimental data with model predictions from this work. It
is not surprising that the majority of the experimental data agree well with the model because
the model is based directly on these data, without intermediate assumptions about the glass
structure or property relations (between expansivity and ionic radius, ionic charge,
electronegativity, etc.), such as in the models by Makishima et al. [70], Hormadaly [12],
Priven [1], or Novopashin et al. [5]. The advantage of the empirical modeling approach is high
accuracy.
There exist numerous thermal expansivity models of other authors [1-15]. The global
model in this study cannot be compared directly with the mentioned models of other authors
because it is based on a high number of source data and advanced statistical analysis. It is not
possible to apply the models in Table I to the source data used in this study and achieve a low
error. For example, if the relatively elaborate model by Appen in Table I is applied to the
source data in this work (restricted to c(SiO2) = 50-80 mol%), the standard deviation of the
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model residuals is 0.71 ppm/K, compared to 0.36 ppm/K in Table III. The average difference
between model predictions derived from the global model in Table II and the model by Appen
is zero, confirming overall accuracy despite a different magnitude of scattering of both
models. The error in this study is reduced about twice compared to previous publications
summarized in the introduction above.
At present, thermodynamic thermal expansion modeling [70] still has a limited direct
practical application. However, thermodynamic models are based on basic principles that
could be beneficial for understanding glass property relations.
An experimental model validation would be superior to the data-splitting and R2(predicted)
calculation procedures used in this work. At present, it is not possible to compare model
predictions to findings of other investigators because the model includes all investigators.
Future experimental investigations are required.
Unfortunately, a large series by the Owens-Illinois Company [71] could not be included in
this work because the expansivity values were collected in the relatively low temperature
range of 80 to 170oC. The expansivity data by Owens-Illinois Company are systematically
lower than the model predictions in this work because of the different temperature range
examined.
The borosilicate glass expansion Standard Reference Material (SRM) 731 [31] fits in the
model with a residual of 0.26 ppm/K; i.e., the standardized value is 0.26 ppm/K higher than
the model predicts. It needs to be considered that the composition of SRM 731 is not certified
and it comes very close to the model application limits in this work [32], i.e., the composition
is rather unusual.
The data-series [43-50] in Table IV do not compare well to findings of other investigators.
The systematic offsets of those series are assumed to indicate measurement errors that had to
be corrected mathematically in this work. The correlation matrix in Reference [32] indicates
that the systematic offsets of the series in Table IV are not strongly correlated with other
model variables, which means that the offsets cannot be explained by unique glass
composition regions investigated in those series. However, weak correlations remain. Future
experimental investigations can help to improve the accuracy of the systematic offsets.
It cannot be claimed that all composition-expansivity trends found in Table II or rejected as
insignificant are of the same accuracy. However, within the model application limits [32] all
composition-property trends fall within the prediction 95% confidence interval for glass in
mass production [32].
A comparison of the model standard errors of small additivity models for commercial
glasses based on data by Shelby [42] mentioned in the modeling results section above with the
model standard error of the global model in Table III shows that some commercial expansivity
datasets cannot be described appropriately through common additivity [39-41] models,
especially the multi-component TV panel glasses. This behavior is believed to be caused by
component interactions that are not included in traditional additivity models, but which are
considered in the global model in Table II. Traditional additivity models do not offer an
advantage over the global model in Table II.
Based on those findings it is claimed that the global expansivity model in Table II is
accurate, including error calculations [32]. Expansivity values of other investigators at 210oC
that fall into the application ranges of this work in Reference [32], and with a residual larger
than 1.1 ppm/K, might be questionable.

http://glassproperties.com - December 2007

- 13 -

4.3. Model application limits
The experimental data in Fig. 3 (see discussion below about the boron oxide anomaly)
demonstrate the fact that outside the composition range studied for the global model [32],
glasses containing low amounts of glass network modifiers may show sharp compositionproperty trends (Fig. 3, 15 mol% silica) that are difficult to describe with polynomial functions
[39-41]. Therefore, it is advised to consider all component-combination limits in Reference
[32].
4.4. Dataset quality
Datasets without systematic offsets (Table IV) and with a low standard deviation σ of the
residuals (Table V) were regarded as of high quality (high precision), for example the series
by Baak et al. [51] or Tunker et al. [63]. The incorporation of those datasets in this study
decreases the error of the global model and makes high accuracy predictions possible. In
contrast, series with a high σ of the residuals increase the error.
4.5. Influences of glass components and component interactions on the thermal expansion
All single-component coefficients in this study have the unit (ppm/K)/mol%, and they
quantify the thermal expansivity variation at 210oC from the exchange of 1 mol% SiO2 with
1 mol% of the considered component. For example, if 1 mol% BaO is introduced into a
silicate glass in exchange for 1 mol% SiO2, the expansivity at 210oC increases 0.3077 ppm/K.
Because the main component SiO2 was excluded from the calculation following the slackvariable modeling approach [39-41], all coefficients, in fact, represent interactions with SiO2.
It is advised not to search for advanced physical interpretations of the model coefficients
because the models are of an empirical nature. For example, it is not recommended to derive
atomic radii, chemical equilibrium constants, or properties of pure silica from the coefficients
in this study. A more advanced modeling approach would be required for this purpose. The
models in this work only allow conclusions about experimentally observed compositionproperty trends.
For an accurate interpretation of model coefficients, the correlation matrix given in
Reference [32] must be considered. Unfortunately, none of the variables are absolutely
statistically independent; i.e., all variables more or less interfere mutually. It is believed that in
the near future, it will be hardly possible to de-correlate all variables completely because it
would require a high number of well-planned and accurate measurements. Therefore, it is
recommended to consider the model coefficients in this paper as preliminary findings until
further experimental data become available. Nevertheless, as long as all concentration limits
summarized in Reference [32] are followed, accurate predictions are possible.
Because of mutual correlations, it is suggested that model predictions be compared rather
than coefficient values for evaluating the influences of various glass components on the
thermal expansivity for a specific practical application.
The model intercept of 1.7672 ppm/K is supposed to represent the thermal expansivity of a
glass comprising mainly SiO2 and all components with insignificant influence on the
expansivity, such as H2O, FexOy, fining agents, etc. However, few experimental data exist for
high-silica glasses, and the global model in this paper is not applicable in those composition
areas.
General influences of the chemical glass composition on the thermal expansion can be
concluded from Table II. It appears that glass network modifying oxides such as alkali oxides
(Li2O, Na2O, K2O) and alkali earth oxides (MgO, CaO, SrO, BaO) increase the thermal
expansion of silicate glasses the most, if exchanged for silica. Among the glass network
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modifying oxides, the heavy ions with low ionic charge and large radius (i.e., low ionic
potential) have the most significant influence, e.g., K2O, Na2O, and BaO [12]. These oxides
result in a relatively loose glass network with high thermal expansion, as mentioned in the
introduction. On the other hand, intermediate glass oxides, such as Al2O3, ZrO2, and TiO2,
tighten the glass network and decrease the thermal expansion. Similarly, many component
interactions tend to decrease the thermal expansion. In general, it seems that low-expansion
glasses can be obtained by introducing additional components, mainly glass network formers
and intermediate oxides, to a base glass composition, while high-expansion glasses are
obtained with simplified glass compositions in which intermediate glass oxides are excluded,
and glass network formers are minimized.

4.5.1. Silica, SiO2
In the work reported here, the influence of silica on the thermal expansivity is the
difference resulting from the influences of the remaining glass components. In general, silica
decreases the expansivity significantly. Specific values can be derived from the model in
Table II.
4.5.2. Boron oxide, B2O3
Boron oxide increases only slightly the thermal expansion of silicate glasses on its own if
exchanged for silica. However, in interaction with traditional network modifying oxides like
Na2O or CaO, the expansivity decreases significantly. Therefore, many borosilicate glasses
exhibit low expansion values.
The influence of the boron oxide anomaly on the thermal expansion of glasses is well
known and widely studied [20, 72]. This effect causes the expansion of borate glasses to
decrease initially as alkali oxides are introduced. With further addition of alkali, the expansion
goes through a minimum and increases again after the alkali concentration exceeds a specific
level. The effect is commonly explained by a change in the coordination number of boron
from three to four upon alkali incorporation [20, 72, 73]. The boron oxide anomaly increases
in the order K2O < Na2O < Li2O (strongest effect), according to data by Konijnendijk and
Stevels [17, 20, 74]. If silica is introduced in borate glasses, the boron oxide anomaly
decreases, but it generally does not go to zero. This effect is demonstrated in Fig. 3.
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Fig. 3: Decrease of the boron oxide anomaly upon the introduction
of SiO2, data from Konijnendijk and Stevels [20, 74]
In the work reported here, 460 alkali borosilicate glasses in SciGlass® [17] were analyzed
statistically concerning the boron oxide anomaly. The glasses contained up to 85 mol% boron
oxide and as little as 5 mol% SiO2. The coefficient for the Na2O*B2O3 interaction was
–0.0043, which compares well with the -0.0056 in this work. This is rather surprising,
considering the different glass composition areas valid for the commercial glass global model
in Table II and high-boron borosilicates. It appears that the Na2O*B2O3 boron oxide anomaly
itself is not much influenced by glass composition if all the remaining interactions are
considered accordingly. It can be assumed that structural groups in glass do not change
significantly with the glass composition [1]. The Na2O*B2O3 coefficient is most significant
among the interaction coefficients as seen on the t-values in Table II.
The K2O*B2O3 interaction is not well represented in the global model, as evidenced
through the application limits in Reference [32]. The K2O*B2O3 interaction in Table II is
stronger than expected from alkali borosilicate glasses in SciGlass® [17]. It is possible that this
is an effect caused by not considering various K2O interactions in the global model based on
insufficient data and variable correlations. Therefore, it is advised for borosilicates containing
K2O to strictly follow the model application limits in Reference [32] and to consult the
prediction confidence interval [39-41] derived from Reference [32].
Glasses containing appreciable amounts of Li2O and B2O3 simultaneously were systematically excluded in the global model in this study because of the increased possibility of phaseseparation [27].
Calcium oxide appears to cause a boron oxide anomaly compared to alkali oxides, which is
reasonable based on the similar glass network modifying behavior of alkali oxides and alkali
earth oxides. At the same time, it can not be completely ruled out that the CaO*B2O3
interaction is partly a result of phase-separation [27], especially in glasses containing high
concentrations of CaO and B2O3. Specific model prediction confidence intervals always
should be considered [32].
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Fig. 4 displays expansivity values of borosilicate glasses that were calculated based on the
global model in Table II. Low-expansion glasses can be obtained by reducing the
concentration of Na2O, or with lesser influence the concentration of CaO. All three
components in the ternary diagram in Fig. 4 interact in such a way that the contours of
constant expansivity appear nearly linear. As mentioned above, it must be considered that the
simultaneous presence of B2O3 and CaO in glass tends to increase the phase-separation
tendency [27]. The 4.34 mol% Al2O3 is believed to reduce the phase-separation tendency in
the system shown in Fig. 4.

Fig. 4: Thermal expansivity predictions at 210oC in ppm/K in the system 67.94 SiO2, 23.08
Na2O+CaO+B2O3, 4.34 Al2O3, 3.91 MgO, 0.19 K2O, 0.15 TiO2, 0.23 F, 0.04 SO3, 0.11 Fe2O3
(mol%); the fat lines show the expansivity contours; 95% confidence interval for glass in mass
production = 0.41-0.68, depending on glass composition
4.5.3. Intermediate glass oxides (Al2O3, ZrO2, TiO2)
Most intermediate glass oxides decrease the thermal expansion of commercial glasses,
which is consistent with a tightening of the glass forming network. Frequently, they are
incorporated into low expanding borosilicate and other glasses (see also Table VI).
4.5.4. Alkali oxides (Na2O, K2O, Li2O)
Alkali oxides increase the thermal expansion of silicate glasses in exchange for silica in the
order Li2O < Na2O < K2O (strongest effect), whereas in most commercial glasses sodium
oxide is the component with the most significant influence. Alkali oxide interactions have
various effects. Besides the boron oxide anomaly described above, the Na2O*CaO interaction
is very significant. It can be assumed that a combination of Na2O and CaO polarizes bridging
oxygen atoms effectively and tightens the glass network by increasing the strength of Si-O-Si
bonds while residing in network interstices appropriate to their ionic sizes. To the authors’
knowledge, no research has been published on this topic.
4.5.5. Alkaline earth oxides (MgO, CaO, SrO, BaO)
The alkaline earth oxides increase the thermal expansion in exchange for silica less than the
alkali oxides. Barium oxide has the strongest influence, while MgO has only a small effect.
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CaO interactions found in this work require further studies. The thermal expansion of sodalime glasses is displayed in Fig. 5.

Fig. 5: Thermal expansivity predictions at 210oC in ppm/K in the system 73.13 SiO2, 26.23
Na2O+CaO+MgO, 0.42 Al2O3, 0.10 K2O, 0.01 TiO2, 0.08 SO3, 0.03 Fe2O3 (mol%); the bold
lines show the expansivity contours; 95% confidence interval for glass in mass production
= 0.27-0.60 depending on glass composition

Thermal Expansivity at 210oC in ppm/K

4.5.6. Lead oxide, zinc oxide (PbO, ZnO)
Lead and zinc oxide increase the thermal expansion similar to CaO and MgO, respectively.
The expansivity trends in lead oxide containing glasses are displayed in Fig. 6. In the system
85 SiO2+PbO, 15 K2O (mol%), a relative large confidence interval of up to 0.73 ppm/K is
found.
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Fig. 6: Thermal expansivity predictions at 210oC in ppm/K in the systems 90 SiO2+PbO, 5
Na2O, 5 TiO2 and 85 SiO2+PbO, 15 K2O (mol%); 95% confidence interval for glass in mass
production = 0.37-0.73 depending on glass composition
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4.5.7. Fluoride ions (F-)
Fluoride ions increase the thermal expansion, most likely because they tend to break up the
glass network by forming terminal Si-F bonds.
4.6. Temperature-specific offset corrections
The temperature-specific offset corrections for the expansivities at 160oC and 260oC in
Table IV show that expansivity of silicate glasses increases about 0.46 ppm/K with increasing
temperature in the studied composition and temperature range.
4.7. Recommendations for practical model application
The global model in Table II in this paper is suggested for thermal expansivity predictions
of commercial silicate glasses at 210oC, following its application limits in Reference [32]. The
expansivity of ultra-low expansion glasses can be calculated based on the model in Table VI.
It is advised to use the thermal expansivity software based on this study [32] because the
application limits of the global model are evaluated automatically, and, at the same time,
expansivity predictions and prediction confidence intervals are calculated. The software also
considers the influence of uncertainties in glass composition in the error calculation.

5. Conclusions
Models based on multiple regression with polynomial functions were provided for
estimating the thermal expansivity of silicate glasses at 210oC from their chemical
composition with double the accuracy compared to previous publications. The accuracy of the
model predictions is comparable to experimental measurements. The influences of specific
glass components and component interactions could be quantified. Some important glass
components are not included as yet. A number of interactions are correlated too strongly for
analysis within the composition ranges covered. Notwithstanding these shortcomings, success
has been demonstrated in estimating the thermal expansivity from the chemical composition.

Acknowledgements
I would like to thank Oleg V. Mazurin, St. Petersburg, Russia, for providing a large number
of thermal expansion data from the SciGlass® information system and two unknown reviewers
for their valuable input.

http://glassproperties.com - December 2007

- 19 -

References
[1] A. I. Priven: "General Method for Calculating the Properties of Oxide Glasses and
Glass-Forming Melts from their Composition and Temperature"; Glass Technology, vol.
45, Dec 2004, no. 6, p 244-254.
http://www.sciglass.info/Publications/Priven.pdf
http://www.ingentaconnect.com/content/sgt/gt/2004/00000045/00000006/art00001
[2] A. A. Appen: "Khimiya Stekla" (Glass Chemistry), 2nd Edition, Leningrad, 1974.
[3] Gan Fu-Si: "New system of calculation of some physical properties of silicate glasses";
Scientia Sinica, 1963, vol. 12, p 1365-1391 (in Russian).
Gan Fu-Si: "New system of calculation of properties of inorganic oxide glasses";
Scientia Sinica, 1974, vol. 17, p 533-551 (in Russian).
[4] V. I. Goleus, Ya. I. Belyi, A. V. Nosenko, T. I. Kozyreva, V. V. Maltseva; Fizika i
Khimiya Stekla, 1991, vol.17, no. 1, p 200.
[5] A. A. Novopashin, N. N. Seregin: "Calculation of the thermal expansion coefficient of
silicate glasses according to their structure-energy characteristics"; Soviet Journal of
Glass Physics and Chemistry, 1979, vol. 5, no. 4, p 389-395.
[6] O. S. Shchavelev: "Thermal and thermooptical properties of glasses", in: "Physical and
chemical bases of the manufacture of optical glass", edited by L. I. Demkina, Leningrad,
1976, p 117-134 (in Russian).
[7] K. Takahashi: "Thermal expansion coefficients and structure of glass"; J. Soc. Glass
Technol., 1953, vol. 37, p 3N-7N.
[8] P. Gilard, L. Dubrul; Verre et Silicate Industriels, vol. 5, 1934, p 122.
P. Gilard, L. Dubrul: "Calculation of physical properties of glass: III. Index of
refraction"; J. Soc. Glass Techn., vol. 21, 1937, p 476.
[9] A. Winkelmann, O. Schott: "Über thermische Widerstandscoefficienten verschiedener
Gläser in ihrer Abhängigkeit von der chemischen Zusammensetzung (Dependence of the
thermal resistance of various glasses from the chemical composition)"; Annalen der
Physik, 1894, vol. 287, issue 4, p 730-746 (in German).
M. B. Volf: "Mathematical Approach to Glass"; Glass Science and Technology, vol. 9,
Elsevier, 1988, ISBN 0-444-98951-X.
[10] S. English, W. E. S. Turner; J. Am. Ceram. Soc., vol. 10, 1927, p 551 (reference and
model as given by Jackson and Mills [14]).
[11] F. P. Hall: "The Influence of Chemical Composition on the Physical Properties of
Glazes"; J. Am. Ceram. Soc., vol. 13, 1930, p 182-199.
[12] J. Hormadaly: "Empirical methods for estimating the linear coefficient of expansion of
oxide glasses from their composition"; J. Non-Cryst. Solids, vol. 79, 1986, p 311-324.
[13] N. T. Huff, A. D. Call: "Computerized Prediction of Glass Compositions from
Properties"; J. Am. Ceram. Soc., vol. 56, no. 2, 1973, p 55-57.
[14] M. J. Jackson, B. Mills: "Thermal expansion of alumino-alkalisilicate and aluminoborosilicate glasses - comparison of empirical models"; J. Mat. Sci. Letters, vol. 16,
1997, no. 15, p 1264-1266.
[15] V. Ledererova, A. Smrcek, J. Rysavy: "Faktoren zur Berechnung von Eigenschaften von
Kalk-Natrongläsern (Factors for the calculation of properties of soda-lime glasses)"
(Orig. Czech); Sklar Keram., vol. 36, 1986, p 304-308.
[16] H. Scholze: "Glass - Nature, Structure and Properties"; Springer-Verlag, 1991, ISBN 0387-97396-6.
[17] SciGlass® 6.5 Database and Information System, 2005; http://www.sciglass.info/

http://glassproperties.com - December 2007

- 20 -

[18] A. I. Priven and O. V. Mazurin: "Comparison of methods used for the calculation of
density, refractive index and thermal expansion of oxide glasses"; Glass Technol., vol.
44, no. 4, 2003, p 156-166.
[19] B. Yates: "Thermal expansion"; Plenum Press, New York - London, 1972, p 33-36.
[20] W. L. Konijnendijk, J. M. Stevels: "The linear expansion of borosilicate glasses in
relation to their structure"; Verres Réfract., vol. 30, no. 3, 1976, p 371.
[21] W. Eitel, M. Pirani, K. Scheel: "Glastechnische Tabellen"; Springer Verlag, Berlin,
1932.
[22] G. W. Morey: "The properties of glass"; Reinhold Publishing Corp., New York, 1938,
p 264.
[23] S. English, W. E. S. Turner: "The heat expansion of soda-lime glasses"; J. Soc. Glass
Technol., vol. 3, 1919, p 238.
[24] J. P. Joule; Sci. Papers, vol. 1, 1884, p 358.
[25] J. T. Krause: "Ultrasonic measurement technique to study thermometric effects in glass";
J. Non-Cryst. Solids, vol. 14,1974, p 32.
[26] O. Schott, in: "Vortrag im Verein zur Beförderung des Gewerbefleißes", 1892, p 161.
[27] O. V. Mazurin, E. A. Porai-Koshits (Eds.): "Phase separation in glass"; Elsevier Science
Publishers B. V., North-Holland; Amsterdam, New York, 1984.
[28] J. H. Simmons, D. R. Uhlmann, G. H. Beall (Eds.): "Nucleation and crystallization in
glasses" in "Advances in ceramics"; vol. 4, The American Ceramic Society, Columbus,
Ohio, 1982.
[29] A. I. Stozharov, V. V. Bogatyreva: "The thermal expansion coefficient and the stability
of the refractive index of glasses"; Sov. J. Opt. Technol., vol. 42, no. 10, Oct 1975, p
595.
[30] T. A. Hahn: "Thermal expansion of copper from 20 to 800 K - Standard reference
material (SRM) 736"; J. Appl. Phys., vol. 41, 1970, p 5096.
[31] Standard reference material (SRM) 731, Thermal expansion of borosilicate glass,
National Institute of Standards and Technology; Gaithersburg, MD; June 30, 1993.
[32] A thermal expansion calculator, including error calculation and detailed model
application limits is also available at the author's website. In addition, the website lists
all model source data references:
http://glassproperties.com/expansion/
[33] ISO 7991: Glass - Determination of coefficient of mean linear thermal expansion, 1987.
[34] ASTM C372-94: Standard Test Method for Linear Thermal Expansion of Porcelain
Enamel and Glaze Frits and Fired Ceramic Whiteware Products by the Dilatometer
Method, Reapproved 2001.
[35] ASTM E289-04: Standard Test Method for Linear Thermal Expansion of Rigid Solids
with Interferometry, 2004.
[36] ASTM C1300-95: Standard Test Method for Linear Thermal Expansion of Glaze Frits
and Ceramic Whiteware Materials by the Interferometric Method, Reapproved 2001.
[37] ASTM C539-84: Standard Test Method for Linear Thermal Expansion of Porcelain
Enamel and Glaze Frits and Ceramic Whiteware Materials by Interferometric Method,
Reapproved 2000.
[38] ASTM 1545-00: Standard Test Method for Assignment of the Glass Transition
Temperature by Thermomechanical Analysis, 2000.

http://glassproperties.com - December 2007

- 21 -

[39] A. Fluegel, D. A. Earl, A. K. Varshneya, D. Oksoy: "Statistical analysis of viscosity,
electrical resistivity, and further glass melt properties"; Chapter 9 in: "High temperature
glass melt property database for process modeling"; Eds.: T. P. Seward III and T.
Vascott; The American Ceramic Society, Westerville, Ohio, 2005, ISBN 1-57498-225-7.
[40] A. Fluegel, D. A. Earl, A. K. Varshneya, T. P. Seward: "Density and thermal expansion
calculation of silicate glass melts"; Proceedings CD of the 79. Glastechnische Tagung,
Wuerzburg, Germany, May 23-25, 2005.
http://glassproperties.com/density/
[41] A. Fluegel: "Statistical Regression Modeling of Glass Properties - A Tutorial";
independently peer reviewed paper at:
http://glassproperties.com/principle/Statistics_Glass_2007.pdf
[42] J. E. Shelby; Appendix I in: "High temperature glass melt property database for process
modeling"; Eds.: T. P. Seward III and T. Vascott; The American Ceramic Society,
Westerville, Ohio, 2005, ISBN 1-57498-225-7.
[43] J. E. Shelby, S. R. Shelby: "Phase separation and the properties of lithium calcium
silicate glasses"; Phys. Chem. Glasses, 2000, vol. 41, no. 2, p 59-64.
J. E. Shelby: "Thermal Expansion of Mixed-Alkali Glasses"; J. Appl. Phys., 1976, vol.
47, no. 10, p 4489-4496.
B. M. Wright, J. E. Shelby: "Phase separation and the mixed alkali effect"; Phys. Chem.
Glasses, 2000, vol. 41, no. 4, p 192-198.
[44] M. D. Karkhanavala, F. A. Hummel: "Thermal Expansion of Some Simple Glasses"; J.
Am. Ceram. Soc., 1952, vol. 35, no. 9, p 215-219.
M. D. Karkhanavala; Glass Industry, 1952, vol. 33, no. 10, p 526 (data by T. Kaneko).
M. D. Karkhanavala; Glass Industry, 1952, vol. 33, no. 9, p 458 (data by Yasuhara,
1942).
[45] M. A. Bezborodov, N. N. Ermolenko; Tsirkonievo-Barievye Stekla, Minsk, 1959.
M. A. Bezborodov, V. A. Ulazovskii; in: "Issledovanie Sistemy Li2O-Al2O3-B2O3-SiO2
v Stekloobraznom Sostoyanii"; Minsk, 1957.
[46] G. Bonetti, F. Barbon; Riv. Staz. Sper. Vetro, 1971, vol. 1, no. 4, p 1.
G. Bonetti, F. Barbon; Riv. Staz. Sper. Vetro, 1975, vol. 5, no. 2, p 49.
[47] J. C. Hurt, C. J. Phillips: "Structural Role of Zinc Oxide in Glasses in the System Na2OZnO-SiO2"; J. Am. Ceram. Soc., 1970, vol. 53, no. 5, p 269-273.
J. C. Hurt: "An Investigation of the Effects of Zinc Oxide on the Structure of Glasses in
the System Na2O-ZnO-SiO2"; Thesis, New Brunswick, NJ, 1967.
[48] W. C. LaCourse, H. J Stevens.; in: Materials Science Research, vol. 12, Borate Glasses
(eds.L. D. Pye, V. D. Frechette, N. J. Kreidl). Plenum Press, N.Y., 1978, p 539.
[49] E. Deeg; Glastech. Ber., 1958, vol. 31, no. 4, p 124.
E. Deeg; Glastech. Ber., 1958, vol. 31, no. 6, p 229.
[50] Nakajima T., Maeda T., Nakao Y., JP Patent no. 11-310430 Int.Cl C 03 C 3/089, 3/091,
http://ep.espacenet.com/, 1999.
Nakajima T., Maeda T., Nakao Y., JP Patent no. 11-310432 Int.Cl C 03 C 3/089, 3/091,
http://ep.espacenet.com/, 1999.
Nakajima T., Maeda T., Nakao Y.; JP Patent no. 11-240734 Int.Cl C 03 C 3/087, 3/085,
http://ep.espacenet.com/, 1999.
Nakajima T., Maeda T., Nakao Y.; JP Patent no. 11-240735 Int.Cl C 03 C 3/087, 3/078,
3/083, 3/085, G 09 F 9/30, http://ep.espacenet.com/, 1999.
Nakajima T., Maeda T., Nakao Y.; JP Patent no. 11-310429 Int.Cl C 03 C 3/089, 3/091,
http://ep.espacenet.com/, 1999.

http://glassproperties.com - December 2007

- 22 -

[51]
[52]

[53]

[54]

[55]

[56]

[57]
[58]
[59]

[60]

Nakajima T., Maeda T., Nakao Y.; JP Patent no. 11-310430 Int.Cl C 03 C 3/089, 3/091,
http://ep.espacenet.com/, 1999.
Nakajima T., Maeda T., Nakao Y.; JP Patent no. 11-310431 Int.Cl C 03 C 3/091,
http://ep.espacenet.com/, 1999.
Nakajima T., Maeda T., Nakao Y.; JP Patent no. 11-310432 Int.Cl C 03 C 3/089, 3/091,
http://ep.espacenet.com/, 1999.
Nakajima T., Nakao Y.; JP Patent no. 2001-58843 Int.Cl C 03 C 3/093, 3/085, 3/087,
3/091, G 09 F 9/30, http://ep.espacenet.com/, 2001.
Nakajima T.; Patent no. 11-240733 Int.Cl C 03 C 3/087, 3/078, 3/083, 3/085, G 09 F
9/30, http://ep.espacenet.com/, 1999.
Nakashima T., Maeda K., Nakao Y., EP Patent no. 0939060 Int.Cl C 03 C 3/085, H 01 J
17/16, Bull., 1999, no. 35.
Nakashima T., Maeda K., Nakao Y.; US Patent no. 6313052 Int.Cl C 03 C 3/085, 3/087.
Maeda K., Ohara S., Nakao Y.; EP Patent no. 0953549 Int.Cl C 03 C 3/091, 3/093,
http://ep.espacenet.com/, 1999.
Maeda K., Ohara S., Nakao Y.; US Patent no. 6268304 Int.Cl C 03 C 003/089, 003/091,
003/093, 003/097, http://ep.espacenet.com/, 2001.
N. T. E. A. Baak, C. F. Rapp; US Patent no. 4065317 Cl 2 C 03 C 3/00, Off. Gazette,
1977, vol. 965, no. 4.
Corning Glass Works; GB Patent no. 1527785 Cl 2 C 03 C 3/04, Abridg. Specif., 1978,
no. 4672.
Corning Glass Works; GB Patent no. 1168270 Cl C 03 C 3/04, Abridg.Specif., 1969.
Corning Glass Works; GB Patent no. 1364350 Cl C 03 C 3/04, 21/00, Abridg.Specif.,
1974, no. 4455.
D. C. Boyd, D. A. Thompson, in: Kirk-Othmer, Ecyclopedia of chemical technology,
vol. 11, 3rd ed., p 807-880, John Wiley & Sons, 1980.
D. C. Boyd; US Patent no. 3805107 Cl H 01 J 29/18, C 03 C 3/04, 3/24, Off. Gazette,
1974, vol. 921, no. 3.
W. E. S. Turner in: "Glastechnische Tabellen", Berlin, 1932, p 236.
W. E. S. Turner, F. Winks; J. Soc. Glass Technol., 1930, vol. 14, no. 53, p 84, 110.
S. English, W. E. S. Turner; J. Soc. Glass Technol., 1927, vol. 11, no. 44, p 425.
B. C. Schmid, A. N. Finn, J. C. Young; Glass Industry, 1934, vol. 15, no. 5, p 48.
B. C. Schmid, A. N. Finn, J. C. Young; J. Res. Nat. Bur. Stand., 1934, vol. 12, no. 4,
p 421.
V. V. Akimov, Zh. Prikl. Khim., 1960, vol. 33, no. 11, p 2404.
V. V. Akimov; Fizika i Khimiya Stekla, 1989, vol. 15, no. 6, p 869.
V. V. Akimov; Fizika i Khimiya Stekla, 1991, vol. 17, no. 4, p 640.
V. V. Akimov; Fizika i Khimiya Stekla, 1991, vol. 17, no. 5, p 757.
V. V. Akimov; Zh. Prikl. Khim., 1960, vol. 33, no. 10, p 2190.
C. G. Peters, C. H. Cragoe; J. Am. Opt. Soc. 1920, vol. 4, p 105; Bull. Bur. Stand. 1920,
vol. 15, p 449.
M. L. Mironova, Steklo, 1959, no. 2, p 15.
S. G. Dzhavuktsyan: "Issledovanie Fiziko-Khimicheskikh Svoistv Stekol Sistemy R2OZnO-SiO2 i Razrabotka na Ikh Osnove Steklokristallicheskikh Pokrytii"; Thesis,
Leningrad, 1971.
V. V. Vargin, S. G. Dzhavuktsyan, V. E. Mishel, B. Z. Pevzner; Zh. Prikl. Khim., 1972,
vol. 45, no. 6, p 1187.
V. V. Vargin, V. S. Kheifets; Zh. Prikl. Khim., 1964, vol. 37, no. 6, p 1369.

http://glassproperties.com - December 2007

- 23 -

[61]

[62]

[63]
[64]

[65]
[66]

[67]
[68]

[69]
[70]
[71]

[72]
[73]

V. V. Vargin, M. V. Zasolotskaya, N. E. Kind, Yu. N. Kondratiev, E. M. Milyukov, N.
A. Tudorovskaya; in: Katalizirovannaya Kristallizatsiya Stekol Li2O-Al2O3-SiO2
Sistemy, Leningrad, 1971, vol. 2, p 117.
V. V. Vargin, M. V. Zasolotskaya, N. E. Kind, Yu. N. Kondratiev, E. M. Milyukov, N.
A. Tudorovskaya; in: "Katalizirovannaya Kristallizatsiya Stekol Li2O-Al2O3-SiO2
Sistemy"; Leningrad, 1971, vol. 2, p 82.
U. Tille, G. H. Frischat, K.-J. Leers: "Elastische Konstanten von homogenen und
entmischten Gläsern des Systems Na2O-CaO-SiO2 (Elastic Constants of Homogeneous
and Phase-Separated Na2O-CaO-SiO2 Glasses)"; Glastechn. Ber., 1978, vol. 51, no. 1, p
8-16 (in German).
A. G. Ambartsumyan: "Issledovanie i Sintez Sostavov Promezhutochnykh Stekol
Sistemy R2O-Al2O3-B2O3-SiO2 i Razrabotka Tekhnologii Ikh Elektrovarki v
Garnisazhnykh Pechakh Pryamogo Nagreva"; Thesis, Minsk, 1980.
G. Tunker, H. Scholze; Glastechn. Ber., 1982, vol. 55, no. 4, p 61.
H. Machishita, N. Kuriyama; JP Patent no. 11-100226 Int.Cl C 03 C 3/087, 3/091, G 09
F 9/30, http://ep.espacenet.com/, 1999.
H. Machishita, N. Kuriyama; JP Patent no. 11-310433 Int.Cl C 03 C 3/093,
http://ep.espacenet.com/, 1999.
P. C. Schultz, H. T. Smyth, in "Amorphous Materials" (eds. R. W. Douglas, B. Ellis),
Wiley Interscience, London, 1972, p 453-461.
G. A. Pavlova, A. N. Amatuni; Neorg. Mater., 1975, vol. 11, no. 9, p 1686; and in:
"Fiziko-khimicheskie issledovaniya struktury i svoistv kvartsevoga struktury", Moskva,
1974, p 130.
K. Kamiya, S. Sakka; J. Non-Cryst. Solids, 1982, vol. 52, no. 1-3, p 357.
S. Sakka, K. Kamiya; J. Phys. (Paris),Colloq. C9, suppl.12, 1982, vol. 43, p 235.
M. Aizawa, Y. Nosaka, N. Fujii: "Preparation of TiO2-SiO2 glass via sol-gel process
containing a large amount of chlorine"; J. Non-Cryst. Solids, 1994, vol. 168, no. 1-2, p
49-55.
Z. Deng, E. Breval, C. G. Pantano: "Colloidal sol/gel processing of ultra-low expansion
TiO2/SiO2 glasses"; J. Non-Cryst. Solids, 1988, vol. 100, no. 1-3, p 364-370.
A. Makishima, J. D. Mackenzie: "Calculation of thermal expansion coefficient of
glasses"; J. Non-Cryst. Solids, vol. 22, 1976, p 305-313.
Owens-Illinois Glass Company, General Research Laboratory: "Effect of Barium Oxide
and Zinc Oxide on the Properties of Soda-Dolomite Lime-Silica Glass" J. Am. Ceram.
Soc., vol. 25, 1942, no. 3, p 61-69; "Effect of Iron Oxide on the Properties of SodaDolomite Lime-Silica Glass" J. Am. Ceram. Soc., vol. 25, 1942, no. 14, p 401-408;
"Effect of Substituting MgO for CaO on Properties of typical Soda-Lime Glasses" J.
Am. Ceram. Soc., vol. 27, 1944, no. 8, p 221-225; "Effect of Fluorine and Phosphorus
Pentoxide on Properties of Soda-Dolomite Lime-Silica Glass" J. Am. Ceram. Soc., vol.
27, 1944, no. 12, p 369-372; "Properties of soda-strontium oxide-alumina-silica glasses"
J. Am. Ceram. Soc., vol. 31, 1948, no. 1, p 1-8; "Effect of Boric Oxide on Properties of
Soda-Dolomite Lime-Silica Glass" J. Am. Ceram. Soc., vol. 31, 1948, no. 1, p 8-14;
"Effect of K2O and Li2O on Properties of Soda-Dolomite Lime-Silica Glasses" J. Am.
Ceram. Soc., vol. 33, June 1950, p 181-186.
O. V. Mazurin: "Glass properties: compilation, evaluation, and prediction"; J. NonCryst. Solids, vol. 351, 2005, p 1103-1112.
A. I. Priven: "Evaluation of the fraction of fourfold-coordinated boron in oxide glasses
from their composition"; Phys. Chem. Glasses, vol. 26, no. 5, 2000, p 441-454.

http://glassproperties.com - December 2007

- 24 -

[74] W. L. Konijnendijk, Philips Res. Repts Suppl., 1975, no. 1.
W. L. Konijnendijk, J. M. Stevels; Verres Réfract., 1976, vol. 30, no. 2, p 223.
W. L. Konijnendijk, J. M. Stevels; Verres Réfract., 1976, vol. 30, no. 4, p 519.
W. L. Konijnendijk, J. M. Stevels; Verres Réfract., 1976, vol. 30, no. 6, p 821.

http://glassproperties.com - December 2007

- 25 -

